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Abstract

Periodic anomalies in the electronic configurations of transition and related metals have long resisted
straightforward explanation. Here it is shown that these so-called exceptions are not accidental
but arise as quantized, topologically protected features of the atomic spectrum. By formulating the
Hamiltonian in terms of spectral branches over parameter space, each anomalous configuration is
identified with a singularity—indexed by invariants such as Berry phase, Chern number, or winding
number—between distinct symmetry-adapted states. This spectral-topological approach unifies
observed and predicted anomalies within a single mathematical structure, recasting the periodic table
as a landscape of topological transitions rather than empirical rules. The results provide a predictive
explanation for electronic anomalies and suggest new avenues for the design of materials and quantum
systems with tailored properties.

Keywords: landscape of topological transitions rather than empirical rules

Introduction

The periodic table has been regarded as a culmination of quantum theory in chemistry, its structure
organized by quantum numbers and principles such as the Madelung rule, Hund’s multiplicity, and
the Pauli exclusion principle [3,4,6].Within this view, electronic configurations were expected to follow
from first principles, with spectra unfolding smoothly as nuclear charge increased [10,12].

Persistent anomalies across the transition metals have nevertheless been documented: elements
such as palladium, platinum, and copper occupy “forbidden” configurations that contradict canonical
prescriptions [5,13,22]. Conventional attributions to relativistic effects, correlation, or computational
limits [11,16] have not removed the conceptual tension that a universal quantum theory should
determine both rules and exceptions from the atomic Hamiltonian and its symmetries [7-9].

It is proposed here that these anomalies are not accidents but manifestations of symmetry-
protected topological structures within the multi-electron spectrum [24,42]. Discontinuities and
spectral crossings are thus presented as necessary consequences of the spectrum’s topology, reflecting
deeper order rather than failures of theory.

Theoretical Foundations

A modern description of atomic structure is provided by spectral analysis of self-adjoint op-
erators on Hilbert spaces, with the atomic Hamiltonian acting on antisymmetrized multi-electron
wavefunctions [8,34]. For a system of N electrons, the state space is taken as the wedge product
Hyn = AN L2(R3), on which the permutation group Sy, the rotation group SO(3), and, for relativistic
effects, SU(2) spin rotations act as symmetries [10,32].

Electronic configurations are represented by irreducible components of these symmetry groups,
projecting onto invariant subspaces of Hy [6,35]. Canonical prescriptions (Aufbau/Madelung/Hund)
have traditionally been interpreted as energy orderings within such subspaces. Their breakdown in
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transition metals is therefore read as evidence for symmetry-protected level crossings and degeneracies
governed by topological invariants (Berry phase/holonomy) [7,25,42].

Both local symmetry (point groups, crystal fields) and global topological structure of the param-
eter space influence the spectrum [27,43]. Within this setting, anomalous fillings are explained by
spectral flow—nontrivial rearrangements of eigenvalue branches under variation of nuclear charge or
interaction parameters [18,24]. Classification and prediction of these transitions are enabled by tools
from noncommutative geometry and topological quantum mechanics [9,33].

Consequently, not only are standard quantum-chemical accounts encompassed, but the precise
location and character of periodic “exceptions” can be predicted. Techniques from operator theory,
representation theory, and quantum topology are thereby integrated into a unified basis for periodicity
and its anomalies [11,17,21].

Spectral Crossings and Topological Protection in Atomic Hamiltonians

For an N-electron system the Hamiltonian is written

N hZ 7 (32 2

H= -V
l;[ 2m |7

e
+27—?}|’

i<j 7

1)

with antisymmetry, spin—orbit, and relativistic corrections understood [5,8]. The space Hy is decom-
posed into irreducible subspaces for Sy x SO(3) x SU(2) [6,10,35]. Eigenstates ¢, are accordingly
labeled by (L, S,T).

Spectral Crossing Mechanism

Anomalous fillings, e.g., the 4d'0 shell in Pd (Z = 46), are attributed to a symmetry-protected
crossing of branches. Considering

‘d1050> VS. ‘d951>,
each lying in distinct irreducible subspaces (no symmetry-allowed mixing), the crossing at Z, is
specified by

d
Eqoso(Zi) = Epa(Z:), =5 [Epogo — Epal|, #0, (2)

indicating a transversal (non-accidental) intersection [18,24].

Topological Invariants and Berry Phase

Protection is provided by a geometric invariant acquired under adiabatic transport of eigenstates
in parameter space [7,25]. For a closed loop C encircling the degeneracy,

=i pwR) | Vap(d) -di, ©
so that nontrivial holonomy signals a topological singularity and hence a robust crossing [24,42].

Generalization and Predictive Power

Whenever configurations belong to inequivalent symmetry sectors, true crossings (rather than
avoided ones) are allowed, producing discontinuities in Aufbau/Madelung order [4,13,22]. Thus,
periodic anomalies are read as manifestations of spectral flow and symmetry-protected topology,
rather than artifacts of approximation [9,32,34].

Application to Other Transition Elements

Representative cases are summarized to emphasize mechanism rather than environment:
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Platinum (Z = 78): Competing Relativistic and Topological Effects

The observed [Xe] 4f1454%6s! configuration replaces the naive [Xe]4f'454%6s? via a crossing
between 5d%6s! and 5d'%6s%, whose splitting is strengthened by relativistic stabilization of 54 [5,13,22].

Copper and Silver (Z = 29,47): Half- and Fully-Filled Stabilization

For Cu and Ag, the d's! states prevail over d’s?, consistent with a protected crossing between
symmetry-inequivalent sectors [4,10,22,32].

Gold (Z = 79): Relativistic Reinforcement

The configuration [Xe] 414541065 is favored by the same topological mechanism, further rein-
forced by strong spin—orbit and high-Z effects [5,22].

Chromium and Molybdenum (Z = 24,42): Half-Filled d°

Stabilization of d°s! over d*s? follows from a similar protected crossing, classified by irreducible
representations [4,13].

Table 1. Spectral Crossing and Anomalous Configurations in Transition Metals.

Element Z Madelung Pred. Observed Config. Crossing Subspaces =~ Main Mechanism

Cr 24 3d*4s? 3d°4s! d°s! vs ds? Topological
Cu 29 3d%4s? 3d104s! d'%s! vs d%s? Topological
Mo 42 4d*552 4d°5s! d°s! vs ds? Topological
Ag 47 4d°52 4410551 dl0s! vs d%s? Topological
Pd 46 448552 4410550 d'%s% vs 49! Topological
Pt 78 5d86s? 5d%6s! ds! vs d10s0 Topol. + Relativistic
Au 79 5d%6s? 5d'06s! d'%s! vs d%s? Topol. + Relativistic

In Figure 1, the branch d%s! is favored at lower Z, while the protected crossing near Z = 46 enforces
the d1%s° ground state at Pd. Robustness follows from symmetry-inequivalence of the competing
sectors.

Spectral crossing of d'%s° and d°s?! configurations

Crossing Zone
— Egr50(Z)
== Egps:(2)

Energy E (arb. units)

40 42 44 46 48 50 52
Atomic Number Z

Figure 1. Spectral crossing of d'9s” and d°s' as a function of atomic number Z. A crossing at Z = 46 (Pd) marks
a transition between symmetry-protected subspaces. The shaded zone indicates the degeneracy region.

Predictive Power and Generalization

The framework is used not only to rationalize known anomalies but also to locate prospective
exceptions. By tracking lowest branches within irreducible sectors, loci of crossings are identified
as functions of Z, electron number, or external parameters (pressure, spin—orbit strength) [9,18].
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Heavier elements are thereby flagged, where relativistic and many-body effects are amplified [5,22].
Anticipated consequences for oxidation states, magnetism, or catalytic activity follow wherever spectral
flow reorders the ground state [4,42]. The same principles extend to clusters, molecules, and solids,
connecting to metal-insulator transitions and topological phases [40,42].

Mathematical Formulation of Spectral Crossings

Given irreducible subspaces S, S, C Hy representing, e.g., d"s" and d"+1s"~1,

Ei(Z) =info(H|s,(Z)),  Ex(Z) =info(H|s,(2)).

A degeneracy occurs at Z, if

E(Z)=B(Z),  SE-Ell, #0

and is topologically protected when &1 2 Sy (no symmetry-allowed matrix elements). For a general
parameter vector A, nontrivial holonomy

=1 fpIV5p(h)) -dX £ 0
characterizes a genuine singularity [7,25].

Explicit Example: Palladium (Z = 46)

For S0 and Sy, restricted Hamiltonians H 00 and Hy,1 define ground energies Ei0,0(Z)
and E .1 (Z). Empirical spectra and high-level calculations place the crossing at Z = 46 [14,22]. Since
the subspaces are inequivalent, an avoided crossing is symmetry-forbidden, and the Pd anomaly
follows [6,24].

Generalized Approach: Other Elements

Model expansions
Eangn(Z) = E¢") + tun(Z = Z0) + Bum(Z — Zo)2 + - -

and likewise for d"*1s"~1, allow estimation of Z, by equating branches and solving for Z [3,4]. Known
anomalies (Cu, Ag, Pt, Au) and candidates among superheavy regimes are thus located [5,22].

Symmetry Check: Group-Theoretical Constraint

Allowance for a true crossing requires inequivalent irreducible content:
(S1lH|S2) =0 if Si1 £ S,

ensuring protection by symmetry [10,32].
In Figure 2, discontinuous ground-state changes coincide with crossing regions, aligning with
observed anomalies.

© 2025 by the author(s). Distributed under a Creative Commons CC BY license.
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Spectral Crossings in Transition Metals

Energy E (arb. units)

e Ag: 4d9 552
Ag: 4d10 551
- Pd: 4d9 551
=+ Pd: 4d10 550
) 25 30 35 40 45 50
Atomic Number Z

Figure 2. Spectral crossings for competing configurations in Cr, Cu, Mo, Ag, Pd. Highlighted intervals mark
protected crossings where ground states switch discontinuously due to spectral topology.

Main anomalous cases (competing pairs):
o Cr(Z =24): [Ar]3d*4s? vs [Ar] 3d°4s! (half-filled d).
e Cu(Z =29): [Ar]3d%4s? vs [Ar] 3d'%4s! (filled d).
e Mo (Z = 42): [Kr] 4d*5s% vs [Kr] 4d°5s! (half-filled d).
*  Ag(Z = 47): [Kr]4d°5s* vs [Kr] 441055 (filled d).
e Pd(Z = 46): [Kr] 448552 vs [Kr] 441550 (unique s°).
o Pt(Z =78): [Xe]4f145d%6s2 vs [Xe]| 4f145d%6s! (relativistic/topological).
e Au(Z =79): [Xe] 4f145d%6s% vs [Xe] 4f145d106s! (relativistic/topological).
Figure 3 emphasizes that while ligand-field frameworks rationalize changes under external fields,
the isolated-atom anomalies are enforced by intrinsic, symmetry-protected spectral crossings, thereby
yielding a unified, predictive account of periodic exceptions.

Tanabe-Sugano Diagram (d°) Spectral Crossing (Pd Example)

30 2
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A/B Atomic Number Z

Figure 3. Complexes vs isolated atoms. Left: Tanabe-Sugano diagram for a d° ion (A/B control). Right:
Topological crossing for an isolated atom (Pd): the anomaly is dictated intrinsically by symmetry and topology,
independent of external fields.
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Discussion and Outlook

Longstanding irregularities of periodicity—those “exceptions” within an otherwise rational ta-
ble—have been repeatedly noted by quantum chemists and spectroscopists [3-5,22]. Classical accounts,
from Madelung to crystal- and ligand-field theories, have been offered as partial explanations [1,2,12],
typically by invoking empirical adjustments or environmental effects for prominent transition- and
post-transition anomalies.

Within the spectral-topological viewpoint advanced here, these anomalies are recast as inevitable,
symmetry-protected crossings in the spectrum of the atomic Hamiltonian [9,24,42]. This is presented
not as post hoc rationalization but as a predictive criterion for the emergence and location of exceptions.
Each observed configuration—half-filled or fully filled d-shells in Cr, Mo, Cu, Ag, and the unique
s¥ ground state of Pd—has been associated with a protected intersection of inequivalent irreducible
subspaces [6,32]. No external fields or ad hoc corrections are required; the behavior is encoded in the
spectrum.

Significant implications for chemistry follow. Stability, reactivity, magnetism, and catalysis
in the transition series are governed by electronic structure [2,12]. By rooting periodic anomalies
in universal spectral topology, a framework is provided that is both explanatory and predictive
for element discovery, complex design, and targeted tuning of properties [7,17,42]. A bridge is
thus drawn between group theory/topology and quantum mechanics—traditionally emphasized
in theoretical physics [8,34]—and the empirical practice of chemistry, motivating reinterpretation of
spectra, development of algorithms beyond standard DFT [16], and systematic exploration of chemical
space.

In summary, periodic anomalies are identified as signatures of quantum symmetry and topology
rather than embarrassments to be patched. A unification of physics and chemistry at the level of the
periodic table is therefore seen as already inscribed in the atomic spectrum.

Chemical-Mathematical Comparison of Periodic Properties

Common periodic trends and rules of thumb—electronegativity, bond energies, atomic radii—are
placed on explicit mathematical footing:

*  Electronegativity: As a bonded-electron attraction tendency, it is expressed by Mulliken’s mean
of first ionization energy I and electron affinity A,

I+A
X_ 2 7

and identified in DFT with the negative chemical potential,

_ - _(%E
X= yi aN U(?)'

e  Bond Energy: Bond strength is given by the eigenvalue difference between dissociated and bound
molecular states,

D. = Egissoc — Eground/

and is computable from first principles.
* Atomic/Ionic Radius: Tabulated radii correspond to ground-state radial expectation values,

Tatom = <¢0|?|¢0>'

with correlation and relativistic corrections.
®  Spectral Anomalies: Apparent “exceptions” (Pd, Cr, Cu, etc.) are enforced by protected crossings
between symmetry-distinct configurations, as predicted by spectral topology.

© 2025 by the author(s). Distributed under a Creative Commons CC BY license.
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e  Periodic Trends: Trends are expressible as variations of spectral invariants (orbital energies,
degeneracies, topological indices) with atomic number Z and electron count.

Thus, empirical rules are traced to a mathematical substrate in which group theory, spectral analysis,
and quantum topology govern regularities and anomalies.

Empirical Property Mathematical Formula Quantum/Topological Foundation

Electronegativity _— —_— [Chemical potential u (DFT), x = —u]
Bond Energy [Hamiltonian eigenvalues, l:l]
Atomic Radius —_— r=(wolrlwo) —_— (Wavefunction expectation

Spectral Anomalies [Observed configuration 'exceptions'] [Topological crossing of eigenbranches]

Periodic Trends [Empirical property tables] [Variation of spectral invariants (E,(2), etc.)]

Figure 4. Conceptual roadmap connecting classical empirical chemical properties (left) to their mathematical
expressions (center) and quantum/topological foundations (right). The diagram illustrates how properties like
electronegativity, bond energy, atomic radius, and periodic trends emerge from rigorous quantum mechanics and
spectral theory.

Mathematical Foundations Beyond Chemical Heuristics
Standard pedagogical heuristics are related to deeper principles:

e Trends and exceptions in the transition series are read as robust features of the atomic Hamil-
tonian’s spectrum; exceptions arise from symmetry-protected crossings between inequivalent
subspaces.

e  Key properties (electronegativity, bond energies, radii) are formulated as functionals of eigenval-
ues/eigenstates of the many-electron Hamiltonian.

*  Bonding/reactivity are attributed to the structure and splitting of quantum states rather than
fixed classical bond types.

*  Group theory/topological invariants provide predictive tools for bonding, magnetism, and the
existence/location of anomalies.

e  Approximate methods (DFT/MO) are recognized as approximations to the exact many-body
problem, with successes and failures reflecting the underlying spectrum.

A transition from heuristics to a rigorous spectral perspective is therefore required to account for
periodicity, exceptions, and properties as consequences of quantum mechanics.

Mathematical Synthesis: Topology, Bundles, and Spectral Invariants in the
Periodic Table

1.  Anomalies as Topological Invariants. For H(Z,1), each branch E,(Z,1) is endowed with
invariants (Chern number cj, Berry phase 7, winding number w):

- 1
’)’n:chn()L)d)k, ClZEAFndS

Anomalies occur at singularities or quantized jumps of these invariants.
2. Periodicity as a Vector Bundle. The eigenspaces of H define a vector bundle over M = {(Z,1)}.
Electronic anomalies are modeled as bundle singularities,

(z, 7\*) : Hn ® H,s degenerate (bundle crossing),

© 2025 by the author(s). Distributed under a Creative Commons CC BY license.
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encoding stability and universality.
3.  Generalization. For synthetic atoms/quantum dots/ion traps, additional parameters (confine-
ment, field F, pressure P) are included and crossings predicted from

Egngn(Z,E,P,...) = Egeignn(Z,E, P, ..).

4.  Beyond Standard DFT. Local minima sampling may miss global topological transitions; explicit
computation of A, Berry curvature, and homotopy invariants (e.g., 711 (U(N))) is required to
track changes with Z or A.

5.  Unified View. Structure and anomalies are classified by the topology of Spec(H) = {E, }, with
degeneracies, Chern numbers, Berry phases, and bifurcations providing the organizing data.

Spectral Topology and Periodicity: Formal and Disruptive Synthesis

1.  Anomalies as Topological Invariants. For H(Z, 1), the n-th eigenstate is smooth on the parameter
manifold M except at degeneracies.

e Berry phase: encirclement of a degeneracy (e.g., d1%s° vs d°s! in Pd) yields

7= Wl V) -,

with ¢ = 7 (mod 277) indicating protection.
e Chern number: for a two-level model over S2,

1
Cl:EAZF.dSI

quantizing the degeneracy’s “monopole charge.”

2. Vector Bundles and Singularities. Eigenstates define a bundle £ — M; at Z = 46 (Pd), bundles
associated with d'%s° and d’s! cross, with charge given by Chern class differences.
3.  Exotic Regimes and Control. High fields B, confinement, or non-integer Z lead to crossings
determined by
Egngn(Z,B,...) = Emiign-1(Z,B,...).

4. Algorithmic Needs. Detection of topological transitions requires explicit Berry-connection/curvature
evaluation; standard functionals may fail to anticipate states such as Pd’s s.

5. Topological Classification of Matter. Periodicity and anomalies are captured by equivalence
classes of spectra, paralleling quantized phenomena (e.g., quantum Hall plateaus).

Explicit Application: Topological Invariants Across the Periodic Table

For each element, competing pairs (d"s™) vs (d"*1s™~1) are examined, crossings identified, and
invariants assigned:

e Cr(Z=24):

z

—24
Eggag2(Z) "=" Egpsg1(Z)

with Berry phase v = 7 ensuring protection.
e Mo (Z=42):
Z=42
Eypusa(Z) "=" Eypsq (Z)
with c; = 1 at degeneracy.
e Cu(Z=29:
Z=29
Espa(Z) =" Epogq (2)

with winding number w = 1.

© 2025 by the author(s). Distributed under a Creative Commons CC BY license.
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o Ag(Z=47):
7=47
Eyp502(Z) "=" Egposa (Z)
showing a quantized spectral jump.

e Pd(Z =46):
Z=46
Eyp52(Z) "=" Eyquoso(Z)
with monopole-like Berry curvature stabilizing s°.

e Pt(Z=78):

7=78
Esgses2(Z) “=" Espoes1 (Z)

enhanced by spin-orbit/relativistic effects and Chern class change.

e Au(Z=79):
Z=79
E5d9652 (Z) = E5d106sl (Z)

with w = 1 matching experiment.
¢ Synthetic/Exotic: For engineered Z, field F, or non-integer occupations,

Ed”s’" (Z, P) == Edn+lsm—1 (Zr F),

with nontrivial Berry curvature regions accessible to interference/spectroscopy.

In all cases shown in Figure 5, the emergence and precise placement of periodic anomalies are
attributed to discrete, quantized topological invariants embedded in the atomic spectrum. Chief
among these are:

A

Figure 5. Real-space visualization of d-orbital configurations for selected transition metals exhibiting spectral

anomalies: Cr, Mo, Cu, Ag, Pd, Pt, and Au. These anomalies correspond to topologically protected spectral
crossings between competing electron configurations (d"s™) and (d"+1s™~1). Despite visual similarities, each
element represents a distinct topological phase transition in the Hilbert space of the atomic Hamiltonian, governed
by quantized invariants (Berry phase, Chern number, or winding number). This unified topological structure
explains the empirical exceptions in the periodic table as inevitable consequences of spectral topology.

*  Berry phase v = 7: a geometric phase accumulated by adiabatic transport around a degeneracy,
certifying a robust, symmetry-protected crossing (e.g., Cr, Ag).

e  Chern number ¢; € Z: an integer invariant of eigenbundles’ curvature, diagnosing spectral
“monopoles”/topological charge in parameter space (e.g., Mo, Pd).

*  Winding number w € Z: the count of eigenvalue windings versus Z, indicating quantized
ground-state jumps (e.g., Cu, Au).

Each anomaly—despite its irregular configuration—has been identified as a topological phase transi-
tion in the Hilbert space of the atomic Hamiltonian. These transitions are not empirical exceptions
to Madelung’s rule but are enforced by spectral flow and symmetry constraints; thus, the so-called
anomalies are revealed as universal, quantized features of quantum matter.

© 2025 by the author(s). Distributed under a Creative Commons CC BY license.
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Topological Invariants and Physical Interpretation Across Periodic Anomalies

For each anomaly, the associated invariant and chemical meaning are made explicit:

e Cr(Z=24):
3d*4s? «— 3d°4s!

Berry phase y = 7t: a protected switch to half-filled d°; smooth deformations cannot remove the
transition.
e Mo (Z =42):
4d*55% «— 4d°5s'

Chern number c; = 1: a quantized curvature source (“monopole”) at the crossing; inevitability of
the anomaly is implied.
¢ Cu(Z=29:
3d%4s” «— 3d'%4s'

Winding w = 1: a single spectral winding through Z = 29 flips the ground state to filled d'°.
o Ag(Z=47):
44°55% +— 44055

Berry phase y = m: protection analogous to Cr, stabilizing the observed state.
e Pd(Z =46):
448557 «— 4d'055"

Chern number c¢; = 1: monopole-like curvature enforces the unique s’ configuration.
e Pt(Z=79):
5d%6s* «— 5d°6s'

Berry/Chern: relativistic effects reinforce a change of topological class across the crossing.
* Au(Z=79:
5d°6s «— 5d'%6s'

Winding w = 1: a full winding yields the stable d'%s! state.
*  Exotic/Synthetic: In engineered quantum dots/Rydberg platforms, crossings are designed by
tuning external parameters; nontrivial vy, ¢;, w are detected via interference or spectroscopy.

Summary Table:
Element Transition Invariant Physical Meaning
Cr 3d%4s? <+ 3d°4s!  Berry phase v Robust half-filled d
Mo 4d*5s? <> 4d°5s!  Chern number ¢; Monopole, protected crossing
Cu 3d%4s? <+ 3d'%4s!  Winding number w Filled d-shell anomaly
Ag 4d°5s? < 4d'05s!  Berry phase v Protected ground state
Pd 4d85s% «» 4d'955°  Chern number c; Unique s’ anomaly
Pt 5d86s? <+ 5d°6s!  Berry/Chern Relativistic topological class
Au 5d%6s% <» 5d'%s!  Winding number w Gold anomaly

These invariants furnish a concise, predictive, and unified account of observed and anticipated periodic
anomalies.

© 2025 by the author(s). Distributed under a Creative Commons CC BY license.
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Element Electronic Crossing Topological Invariant Physical/Chemical Consequence
Cr 3d*4s? & 3d°4st Berry phase y Robust half-filled d
Mo 4d*5s2 & 4d° 55t Chern number ¢; Protected crossing
Cu 3d%4s? & 3d1°4s? Winding number w Fully-filled d anomaly
Ag 4d°552 & 4d105st Berry phase y Protected ground state
Pd 408552 & 4d1055° Chern number ¢; Unique s® anomaly
Pt 5d8 652 & 5d° 65 Berry/Chern Relativistic topological class
Au 5d° 652 & 5d1° 65 Winding number w Gold anomaly

Figure 6. Summary of the spectral-topological approach to periodic anomalies in transition metals. For each
element, the relevant electronic crossing, the associated topological invariant (Berry phase, Chern number, or
winding number), and the resulting physical /chemical consequence are shown. This diagram demonstrates that
all observed and predicted anomalies correspond to quantized topological invariants of the atomic spectrum,
providing a unified, predictive mathematical framework for the periodic table.

Note: While elemental positions (by Z) remain fixed, the interpretation of configurations is altered:
anomalies are recast as necessary, quantized spectral features. Hence, the conventional table is
understood to encode hidden topological structure.

Conclusions

Periodic anomalies have been reframed as quantized manifestations of topological invariants in
the atomic spectrum. Each crossing is treated as a protected landmark of the underlying geometry
of quantum matter. By unifying spectral theory, symmetry, and topological indices (Berry phase,
Chern number), a language is provided that captures known anomalies and anticipates new ones
in superheavy or synthetic regimes. The periodic table is thereby viewed as a map of topological
transitions, enabling not only explanation but also engineering of atomic and molecular behavior.

Final Remarks

A topological-spectral perspective is advanced as a rigorous alternative to ad hoc rules, offer-
ing predictive control over periodic trends and anomalies. Implications span catalysis, magnetism,
quantum devices, and materials design. Greater clarity in spectroscopy and algorithmic develop-
ments beyond standard DFT are motivated, particularly in anomaly-dominated regimes. By aligning
chemistry with spectral topology, longstanding puzzles are resolved and practical routes to tailored
quantum systems are opened.
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