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Article 
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Faculty of Mechatronics and Mechanical Engineering, Kielce University of Technology, Aleja Tysiąclecia 
Państwa Polskiego 7, 25-314 Kielce, Poland 
* Correspondence: wos@tu.kielce.pl; 

Abstract: Determining the optimal controller settings in adaptive control systems for hydraulic drives 
is challenging. This is due to nonlinearities, parameter variability, and the influence of external 
disturbances. The proposed method assumes that varying operating conditions and control errors 
result in dynamic changes in system parameters. The controller parameters were adjustedvia the 
indirect identification of a linear model combined with the weighted recursive least squares (WRLS) 
method, ensuring continuous model adaptation to current operating conditions.The identification 
process included signal filtering using differentiating filters, which enabled precise derivative 
estimation in the presence of measurement noise, which is a key aspect of adaptive control. The 
applied filters allowed us to accurately determine system dynamics and improve parameter 
estimation accuracy. The experimental results confirmed that the application of adaptive control 
using the WRLS algorithm significantly enhances hydraulic system precision. In particular, in the 
system under study, the use of the WRLS method, with the additional adjustment of PD controller 
settings based on the control error, led to a satisfactory improvement in tracking error. 

Keywords: adaptive control systems; hydraulic system; WRLS 
 

1. Introduction 

Due to their ability to generate large forces and provide precise position and velocity control, 
hydraulic systems are widely used in the machinery, aerospace, and automotive industries. 
However, their dynamic properties, such as nonlinearity, parameter variability, and susceptibility to 
disturbances, pose challenges for classical control methods, such as PID controllers. As a result, there 
is growing interest in adaptive control, which allows the controller parameters to be adjusted to 
changing operating conditions. 

Due to increasing demands for precision and reliability, modern hydraulic systems require more 
advanced control methods. A key factor is the controllers’ ability to adapt autonomously to changing 
operating conditions, which allows for maintaining optimal system performance without the need 
for manual control parameter adjustment. The use of adaptive control enables effective compensation 
for nonlinearity and model uncertainty, leading to more precise and stable regulation. 

The dynamics of hydraulic systems are inherently nonlinear and influenced by various factors, 
such as variable fluid properties, flow–pressure relationships, and mechanical friction. These 
characteristics limit the effectiveness of classical control methods, which are typically based on 
simplified static models. As a result, maintaining consistent performance becomes difficult, especially 
under variable working conditions and external disturbances. This highlights the need for adaptive 
control approaches capable of real-time compensation and model updates.Effective compensation for 
undesired effects such as friction or valve nonlinearity is essential in hydraulic system control. 
Studies in the literature emphasize real-time parameter identification as a foundation for adaptive 
control strategies. These strategies enable the continuous refinement of the control law in response to 
changing system behaviour. 
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This study explores the potential of combining the WRLS algorithm with a tailored forgetting 
factor and adaptive PID controller gain tuning based on the absolute value of the control error. The 
goal is to enhance control precision and robustness. While initial results are promising, further 
experimental validation is needed to confirm the extent of improvement. Adaptive control allows for 
the real-time adjustment of controller parameters according to the current state of the system. Unlike 
classical approaches, such as PID or LQR, adaptive control does not require precise knowledge of the 
system model but instead employs algorithms that identify changing parameters in real-time. The 
most commonly used methods include the following: 
• Model Reference Adaptive Control (MRAC)—the controller adjusts its parameters so that the 

system's response closely matches a reference model. 
• Control with Parameter Estimation (RLS, WRLS)—the recursive parameter estimation method 

enables the identification of changing hydraulic systemproperties. 
• Adaptive sliding mode control (Adaptive SMC)combines the advantages of robust sliding mode 

control with adaptive parameter regulation, enhancing the system's ability to suppress 
disturbances. 

• Model Predictive Control (MPC)utilizes a mathematical model of the system to predict future 
states and optimize the control trajectory. 
WRLS outperforms SMC and MRAC methods in many aspects, especially in applications 

requiring smooth adaptation to changing system conditions. 
One of the key advantages of WRLS is its ability to adapt the model parameters in realtime, 

making it suitable for controllers based on system identification. Unlike MRAC, which requires a 
precisely defined reference model, WRLS can work effectively even when the initial model is poorly 
defined. 

Additionally, WRLS eliminates chattering, a common issue in sliding mode control. This 
produces a smoother control signal, reducing unwanted oscillations and enhancing its applicability 
in systems requiring stable regulation. 

Another advantage of WRLS is its easier interpretability and optimization potential compared 
to MRAC and SMC, which often require selecting numerous adaptive parameters or designing 
sliding surfaces. WRLS allows for the continuous updating of the system model, facilitating controller 
performance and tuning analysis. 

In comparison to MRAC and SMC, WRLS also stands out for its superior ability to adapt to 
changing system properties. In hydraulic systems, where parameters can dynamically change (e.g., 
due to leaks or temperature variations), WRLS allows for smooth model adaptation, while MRAC 
and SMC often face limitations in adaptation, potentially leading to control instability (Tab. 1). 

Table 1. Comparison table of adaptive control methods. 

Method 
Computational

complexity Stability 
Performance in changing 

conditions 

Ability to 
handle 

nonlinearity 

Adaptation 
speed 

MRAC Medium High High for linear systems Low Medium 

SMC High High Excellent in disturbance 
conditions 

Very good Low 

Fuzzy 
Control 

Medium Medium Good in uncertain 
conditions 

Medium Medium 

WRLS Low-Medium High Very good in changing 
conditions 

Medium Very high 

MPC Very high High 
Excellent with an accurate 

model 

High (if 
nonlinear MPC 

is used) 

Medium 
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Studies in the literature highlight the widespread application of adaptive methods in hydraulics, 
examples of which include the following: 
• Hydraulic actuator control; 
• Automatic transmission control; 
• The aerospace industry; 
• Robotics. 

Various approaches to adaptive control in hydraulic systems have been presented in the 
literature. Manring and Fales (2019) discussed the fundamental principles of hydraulic systems and 
classical control methods [1]. Li and Zhang (2022) proposed robust adaptive fuzzy control for 
electrohydraulic actuators, highlighting its advantages in compensating for parameter uncertainties 
[2]. Gu et al. (2018) developed an adaptive control system resistant to input constraints and valve 
dead zones, improving control precision [3]. Hampson (1995) introduced a nonlinear model of 
predictive control for hydraulic actuators, enabling the dynamic adjustment of the control strategy 
[4]. Cheng et al. (2019) focused on real-time sliding mode control for electrohydraulic power systems, 
proposing a new robust control method [5]. 

Zaare and Soltanpour (2022) applied optimal fuzzy backstepping control in electrohydraulic 
servo systems, improving system stability and robustness [6]. Zhong et al. (2024) utilized Model 
Reference Adaptive Control (MRAC) with radial basis function (RBF) neural networks and a 
disturbance observer, allowing dynamic control parameter regulation [7]. Deng et al. (2022) 
developed a neural network-based control strategy, achieving a better performance than classical 
control methods [8]. Wang et al. (2018) applied a fractional-order PID controller in hydraulic systems, 
enhancing system dynamics [9]. Guo et al. (2017) presented saturated adaptive control for 
electrohydraulic systems, demonstrating its effectiveness under variable parameters and 
disturbances [10]. 

Research highlights the broad potential of adaptive control in hydraulic systems. Kugi (2001) 
developed a physically based nonlinear control approach, improving hydraulic system precision [11]. 
Deng and Yao (2019) focused on using an extended state observer in the adaptive control of 
electrohydraulic servomechanisms, eliminating the need for velocity measurement [12]. Hao et al. 
(2021) introduced multi-criteria adaptive control for active hydraulic suspension, improving ride 
comfort and vehicle stability [13]. Guan and Pan (2008) applied adaptive sliding mode control in 
electrohydraulic systems, demonstrating its robustness against parameter uncertainties [14]. Gu et al. 
(2024) presented sliding mode control with adaptive compensation for drilling systems, enhancing 
control accuracy [15]. 

The cited publications show that many approaches, such as MRAC, SMC, MPC, and methods 
based on neural networks, have been studied in the literature [16]. Considering these works allows 
us to not only position WRLS in the context of other methods but also to highlight its unique 
advantages, such as lower computational complexity, greater flexibility, and better adaptability to 
changing operating conditions. 

Further research explores modern approaches to adaptive control. Ellis (2012) described 
adaptive methods in control system design, integrating hydraulic control with other drive systems 
[17]. Rahbari and de Silva (2000) introduced fuzzy control in hydraulic systems, emphasizing its 
ability to adapt to changing operating conditions [18]. Vepa (2013) focused on hydraulic control in 
robotics, demonstrating its importance in autonomous systems [19]. Feng et al. (2019) applied the 
forgetting factor least squares algorithm for identifying hydraulic excavator models, improving their 
control [20]. 

The practical applications of adaptive control in hydraulic systems are also noteworthy. Klich 
and Kozieł (2010) developed a monograph on the design and operation of hydraulic systems, 
including adaptive aspects [21]. Dindorf et al. (2011) designed a real-time distributed control system 
for fluid servo drives using fuzzy logic [22]. Saków, Parus, and Miądlicki (2017) introduced a 
predictive force estimation method in feedback control for remotely operated hydraulic systems [23]. 
Pawelski (2010) discussed the adaptive control of oil pressure in automatic transmissions [24]. 
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Ayinde and El-Ferik (2017) proposed adaptive backstepping control with an artificial bee colony 
algorithm for electrohydraulic servo systems with parameter uncertainties [25]. Pasolli and 
Ruderman (2020) presented an innovative approach to hybrid position and force control in hydraulic 
actuators, featuring autonomous mode switching [26]. 

Despite its many advantages, adaptive control presents the following challenges: 
• High computational complexity, requiring control systems with significant processing power. 
• Stability and convergence issues of adaptive algorithms in cases of sudden changes in operating 

conditions. 
• Integration with modern machine learning methods, which can enhance the efficiency of 

adaptive control in hydraulics. 
• Nonlinearities in hydraulic systems, which may complicate the design of control algorithms and 

require more advanced signal analysis methods. 
The further development of adaptive control in hydraulic systems involves research on modern 

parameter estimation methods, such as hybrid algorithms based on Kalman filters and deep learning 
techniques. Advances in computational technology and increasing processor performance enable the 
implementation of more complex adaptive algorithms, opening up avenues for new industrial 
applications. 

Adaptive control in hydraulic systems is a promising research direction that can significantly 
improve the precision and stability of these systems. Modern parameter identification methods, 
including the WRLS algorithm and adaptive sliding mode control, are increasingly applied in various 
industrial fields. The integration of adaptive methods with advanced signal processing techniques 
and artificial intelligence algorithms may be the next step in developing efficient hydraulic control 
systems. 

The weighted recursive least squares (WRLS) method is one of the most popular real-time 
parameter identification algorithms, allowing for the adjustment of control strategies based on the 
system’s current state. The following sections will provide a detailed analysis of the WRLS algorithm, 
its implementation, and experimental results for a hydraulic system. 

2. Identification Method 

Identification methods are divided into on- and off-line approaches. The formerare used when 
the model must be known in realtime, such as in adaptive control. Off-line methods do not require 
immediate data processing. 

In adaptive control systems, the model must adjust to changes in the object's parameters. To 
achieve this, parameter identification algorithms operate in parallel with measurements. Recursive 
identification algorithms allow real-time model updates. 

One of the most popular algorithms is the least squares (LS) method; it is used for models with 
linear parameters (see Eq. (1)). The traditional LS algorithm operates off-line, meaning that all 
collected data are analyzed simultaneously. However, for systems with time-varying parameters, this 
method may be ineffective as it does not account for changes occurring over time. 

This algorithm can be used for models with linear parameters, i.e., 

θφ T
kkv = , (1)

where 
θis a vector of unknown parameters, T

oo TkTk ][ −−++=θ ; 

kv is a scalar signal, ,kk yv =  
kφ is a vector signal that is dependent, in a known way, on the measured signals (the plant input 

and output), ],)(,)(,)(,)([ kkkkkkkkk yuHuuHyuHuuH  ⋅−−⋅−⋅−⋅=φ  
,...1,0=k are the successive time instants. 
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The LS algorithm is based on the plant variables previously registered in a sufficiently long time 
interval 1,...,1,0 −= Nk . Measurement data are processed off-linebecause the identification process 
follows the measurement of the input and output variables. 

To improve the algorithm's performance in dynamic conditions, a modification called the 
recursive least squares algorithm with exponential forgetting (WRLS) is used. In this method, older 
data have progressively less influence on parameter identification, allowing the model to better 
respond to real-time changes. The key element is the forgetting factor,λ, which controls how quickly 
older data lose significance (Eq.(2-4)). 

The WRLS algorithm with exponential past data forgetting is obtained by minimizingthe 
objective function, 


=

−− −−+−=
k

i

TkT
ii

ik
k vJ

1
0

1
00

2 )ˆ()ˆ()()( θθΓθθθφθ λλ , (2)

concerning the vector of the parameters,θ, where λ is a constant satisfying the inequality 10 <<λ . 
Let kθ̂  represent a value of the vector of the parameters θ for which 0/)( =∂∂ θθkJ . Using a 
simple transformation, we obtain the following: 

)ˆ(ˆˆ
11 −− −+= k

T
kkkkkk v θφφΓθθ  (3)

,...2,1,1
1

1 =+= −
−

− kTkkkk φφΓΓ λ  
(4)

The forgetting factor choice depends on the system's rate of change and noise level. Values close 
to 1 result in slower data forgetting, which can improve identification stability but can also 
simultaneously reduce the ability to track sudden changes. A drawback of this method is that if no 
new data are available for an extended period, the values of matrices used in calculations may grow 
excessively, leading to system instability [27]. Research and simulations show that the value of this 
coefficient significantly affects the regulation outcome and parameter stability. The best results were 
obtained for the forgetting coefficient, 𝜆 = 0.89, whichwas used in the study. 

To avoid stability issues, parameter estimates are updated at specific sampling intervals. This 
approach allows for more accurate results, even in the presence of high noise levels. 

Parameter estimates are updated after 𝑁 = 500, a predefined number of signal sampling steps 
(Δ𝑡 = 0.001[𝑠]). This assumption holds when the sampling period is relatively short compared to the 
expected rate of parameter variation. Additionally, a modification is introduced to ensure that the 
matrix kΓ remains bounded, regardless of whether the signal kφ provides sufficient 
excitation(Eq.(5-7)). 

Assuming that the plant equation follows the relationship inEq. (1), which depends on both the 
plant's input and output, a small sampling period typically results in insufficient information about 
the plant parameters within a single step. Therefore, it is considered that parameter estimates will be 
updated only after a predefined N number of consecutive signal samples. The goal is to derive a 
recursive equation that determines the parameter estimates, mθ , for time instances within the 
specified interval, ],)1[()( 1−⋅⋅−= NmNmmα ,...2,1, =m  . 

Define the following objective function: 

( ) ( ) )ˆ()ˆ( 0
1

00
1

θθΓθθθφθ −−+−= −

=

− Tm
m

j
j

T
ii

jm
m vJ λλ , (5)

( )
−∈

−− −+=
)1(

11
ˆˆˆ

mi
m

T
iiimmm v

α

θφφΓθθ , (6)

,...2,1,
)1(

1
1

1 =+= 
−∈

−
−

− m
mi

T
iimm

α

λ φφΓΓ  (7)
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Generally, it is assumed that IΓ ε=−1
0  for ε in the 63 1010 −  range. Small initial values of the 

elements of the matrix 1
0
−Γ  ensure immediate convergence of the estimates to the real values of the 

parameters at the beginning of the algorithm.The initial parameter vector was assumed,
T]1.01.01.01.0[ˆ

0 =θ , which represents a uniform initial assumption for all estimated model 
coefficients. This choice allows for a neutral starting point for the WRLS algorithm in the absence of 
prior knowledge about the true parameter values.  

3. Tuning of PID Controller Settings 

Modelling hydraulic systems is typically a challenging task due to their nonlinear nature, arising 
from the relationships between flow, pressure, and forces acting within the system. However, in 
many applications, it is possible to assume an approximated linear model (Eq.(8)) that effectively 
captures the key dynamic properties of the system. For this purpose, the transfer function is used: 𝐺ሺ𝑠ሻ = 𝑘௢𝑠ሺ𝑇𝑠 + 1ሻ (8)

This model describes a system consisting of an integrator coupled with a first-order inertial 
component and is particularly useful for position or velocity control systems. The properties of this 
model make it wellsuited for on-line identification methods, such as weighted recursive least squares 
(WRLS), enablingadaptive control parameter tuning in real-time. 

Due to the asymmetric structure of the hydraulic actuator, it is assumed that for a control signal 𝑢 ≥ 0, the transfer function model 𝐺ାሺ𝑠ሻ will be considered, while for 𝑢 < 0, the model 𝐺ିሺ𝑠ሻ will 
be used. 𝐺ାሺ𝑠ሻ = 𝑘௢ା𝑠ሺ𝑇ା𝑠 + 1ሻ , 𝐺ିሺ𝑠ሻ = 𝑘௢ି𝑠ሺ𝑇ି𝑠 + 1ሻ  (9)

The main advantages of this modelling approach are as follows: 
• Consideration of the integrating nature of the hydraulic actuator, which reflects the physical 

relationship between flow and piston displacement. 
• Accounting for the asymmetric structure of the hydraulic actuator, which corresponds to the 

different dynamics of the system. 
• Representation of control and damping dynamics through the time constant,𝑇, allowing the 

inclusion of effects resulting from inertia, viscosity, and oil compressibility. 
• Ease of parameter identification based on experimental system responses. 
• Suitability for adaptive control, where the parameters 𝑘௢ and 𝑇 can be updated in realtime to 

ensure optimal control performance.To compensate for system dynamics and ensure good 
control quality, a PID controller is applied with the following tuning parameters: 
Proportional gain, which depends on the sum of the system's time constants and is scaled, is as 

follows: 𝑘௣ = 4𝑇ଵ + 𝑇ଶ𝑘௢   (10)

The integral time constant determines the compensation dynamics of the control error and is 
equal to the sum of two characteristic time constants: 𝑇௜ = 𝑇ଵ + 𝑇ଶ  (11)

The derivative time constant is a function of the ratio of the system's response time to the sum 
of time constants, allowing for delay compensation and improving response dynamics: 𝑇ௗ = 𝑇ଵ𝑇ଶ𝑇ଵ + 𝑇ଶ (12)

where 𝑇ଵ = 𝑇 is thetime constant of the system; 𝑇ଶ = ௧ೝଶ  isan additional parameter related to the settling time. 
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This method allows for the automatic adjustment of settings based on the system's dynamics 
and the required regulation time. Since the model includes an integrator, proper tuning of the 
derivative component is necessary to avoid overshoots and oscillations. Parameter selection ensures 
a trade-off between response speed and system stability. The influence of regulation time on 
controller parameters should be considered in control optimization; higher values improve response 
speed but may cause greater oscillations, whereas lower values ensure stability at the cost of system 
dynamics. 

For the analyzed system, when 𝑡௥ >5, the response exhibited significant overshooting and 
oscillations, causing instability. On the other hand, for 𝑡௥<3, the hydraulic system exhibited poor 
dynamics. Therefore, a time constant range of 3≤𝑡௥≤5 was chosen. In the proposed algorithm, the 
value of 𝑡௥ changes depending on the absolute value of the error |𝑒|(Eq. (13)). 𝑡௥ሺ|𝑒|ሻ = ൜3 + 20|𝑒|,5,  for 

0 ≤ |𝑒| ≤ 0.1|𝑒| > 0.1   (13)

The adaptive control system is based on on-line identification using the WRLS method. 
The controlled system is a system whose dynamics change over time. The output signal yy is 

measured and used for identification and control. The controller receives the error signal 𝑒 = 𝑦௭ −𝑦 (the difference between the setpoint 𝑦௭ and the actual system output 𝑦). It generates the control 
signal 𝑢 based on the error and tuned parameters. 

On-line identification uses the WRLS algorithm to estimate four system parameters 
([𝑘௢ା,𝑇ା,𝑘௢ି ,𝑇ି]) in realtime. It utilizes estimated signals for velocity 𝑦ሶ  and acceleration 𝑦ሷ , which are 
obtained using appropriate differentiating filters. The identified system parameters are passed to the 
controller design module. 

Differentiating filters process signals 𝑦  and 𝑢 to obtain the filtered signal 𝑢௙  and their 
derivatives (e.g.,𝑦ሶ ,𝑦ሷ ). The use of filters allows for more accurate derivative values while reducing the 
impact of measurement noise [28, 29]. 

Controller designis performedand settings determined based on the identified system 
parameters and control error. 

The presented system accounts for control specifications and the system's current characteristics. 
It transmits new parameter values to the controller for adaptive operation adjustment. 

The advantages of using WRLS in adaptive control are as follows: 
✔ Dynamic adaptation—the method allows for the real-time adjustment of controller settings to 

changing system properties. 
✔ Noise reduction—the use of differentiating filters improves the quality of input signals for the 

identification algorithm. 
✔ Improved estimation accuracy—thanks to the forgetting factor 𝜆 = 0.89, the WRLS method 

responds more quickly to changes in system dynamics. 
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Figure 1. Adaptive control system. 

The tuning method automatically determines PID controller parameters based on system 
characteristics and the required regulation time, 𝑡௥. 

The following steps can be distinguished: 
-Time requirement specification (the user defines the required regulation time,𝑡௥, depending on 

the error |𝑒|); 
- Stability check (𝑅ሺ𝑠ሻ < 0). 
Controller parametersare calculated based on the stable model and time requirements. 

 

Figure 2. Adaptive control system (controller design). 

This method automates the PID controller tuning process, taking into account both dynamic 
requirements and the characteristics of the hydraulic model. The key stages include error analysis, 
modelling, stability verification, and final determination of PID controller settings. As a result, the 
system can be dynamically adjusted depending on operating conditions. 

Due to the asymmetric structure of the hydraulic actuator, the dynamic properties of the system 
vary depending on the direction of motion. Therefore, two separate models are employed. The 
control algorithm continuously monitors the sign of the control signal 𝑢 and switches between the 
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models accordingly. To ensure a smooth transition and avoid sudden changes in parameter 
estimation or controller action, a hysteresis threshold around 𝑢 = 0is introduced. This prevents 
frequent switching between models caused by noise or small signal fluctuations. 

Despite promising results, several limitations must be considered in the implementation: 
 Control loop frequency, data acquisition speed, and computational delays: In the presented 

system, the control loop operates at a frequency of 1 kHz, providing an adequate resolution for the 
hydraulic system's dynamics. The delay associated with signal filtering is 0.004 s. 

 The WRLS algorithm: Despite its low computational complexity making it suitable for real-time 
execution, it requires optimization, especially on platforms with limited computational resources. 

 Switching logic between models G⁺ and G⁻: This may lead to oscillations (chattering) or 
instability, particularly in the presence of noise or model uncertainties. 

 Impact of control loop frequency and delays: These factors directly affect the effectiveness of 
adaptive tuning and system stability. 

4. Test Bench 

The test bench was designed for testing and controlling hydraulic systems using modern 
technologies [30]. It consists of various components that enable the precise management of hydraulic 
fluid flow, pressure regulation, and system performance monitoring. Modern laser technologies were 
used to manufacture the structural elements [31-33]. The setup allows for hydraulic control system 
research and control algorithm testing. With the integration of advanced sensors and precise control 
elements, the test bench is suitable for both industrial and academic applications, supporting 
optimization and the development of modern hydraulic solutions. 

A structural diagram of the test bench is illustrated in Figure 3. The hydraulic system consists of 
two HM0 60.35.0300 hydraulic cylinders, which serve as the primary components. The left-side 
cylinder functions as an actuator, while the right-side cylinder is used to simulate any external load 
(force). The cylinders are mounted in an opposing arrangement and interact with a force sensor with 
a measurement range of 0–17 kN. 

The system is powered by a 4 kW hydraulic pump, generating an operating pressure of 18 MPa. 
Hydraulic oil flow control is managed using 4/4 NG 6 and 4/4 NG 10 directional control valves, which 
allow for flow direction changes and cylinder movement control. Additionally, proportional pressure 
valves WZPSE6 are used to regulate the hydraulic pressure required to simulate force on the right-
side cylinder. 
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Figure 3. Test bench diagram. 

Pressure measurement is performed using PN3571 transducers. Data on the force generated by 
the actuators are recorded using a force sensor. The control and measurement system utilizes an NI 
PXI-6232 data acquisition card and an NI PXI-1031 (NI PXI-8110) real-time controller, along with a 
computer. Position measurement is handled by a PTx300 series linear displacement transducer 
connected to an MPL 104 amplifier. This system enables both data acquisition and test bench 
parametercontrol (Fig. 4). 

 

Figure 4. Test bench view:1—hydraulic power supply,2, 3—hydraulic actuators,4—proportional valve 4/4 NG 
6,5—proportional valve4/4 NG 10,6—pressure control valvesWZPSE6,7—force sensor,8—pressure sensor 
PN3571,9—displacement sensor, peltron PTx300. 

Each experiment was repeated twice to assess the repeatability of the results. The conditions in 
the laboratory setup varied between successive trials, and the oil temperature, which changed from 
25°C to 60°C over 15 minutes of operation, had an impact on the results. Despite these changing 
conditions, the obtained results were very similar, indicating the stability of the experiments. 
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To confirm the reliability of the results obtained from the research setup, five trials were 
conducted with an adaptive PD controller. Based on the obtained results, the quality of the data and 
the stability of the experiment were evaluated: 

The mean MAE of 0.02210004 suggests that the model adequately represents the data. This value 
falls within the expected range, indicating a low absolute error. 

The standard deviation of 0.00014357 is very small, indicating low variability in the results. This 
means the results are relatively stable, and the measurement error does not introduce significant 
fluctuations. 

The 95% confidence interval, 0.02210004 ± 0.00017826, is very narrow, suggesting that the 
estimation of the mean MAE is precise and reliable. There is 95% confidence that the true mean MAE 
falls within this range. The narrow width of the interval underscores the stability of the results. 

The coefficient of variation (CV) of 0.6496% is very low, indicating minimal variability relative 
to the mean. This result demonstrates the high precision of the measurements. 

The t-Student test: p = 0.000000000427391 indicates that the test result is different from zero. The 
p-value is significantly smaller than 0.05, confirming that there is a statistical difference between the 
means. This means the experimental results are not random, and there is a statistically significant 
difference in the means. 

The obtained results are very stable and reliable, and the data exhibit high precision. The low 
variability of the results (low coefficient of variation and narrow confidence interval) indicates strong 
consistency in the experiment. The result of the t-Student test suggests that the means differ 
significantly, which is expected when there are meaningful differences in the measurements. In 
summary, the data are well consolidated, and the experiment provides reliable and precise results. 

5. Obtained Results 

This chapter presents the experimental results, evaluating the quality of adaptive control in a 
hydraulic system. A control system comparison was conducted for both off- and on-line models with 
constant and variable values of 𝑡௥.The comparative study of the hydraulic system began with the off-
line identification of a linear system model. In the proposed method, tuning the PID controller 
requires model knowledge, which is defined in the form of a transfer function. In this case, the input 
signal is the voltage uu that controls the amplifier of the proportional valve, while the output signal 𝑦represents the piston position of the actuator. 

The parametric identification problem of the linear mathematical model of the electrohydraulic 
system involves determining the unknown parameters of the transfer function 𝐺ା(𝑠)or 𝐺ି(𝑠) based 
on measurements of the control signal 𝑢 and the piston position 𝑦. For the maximum input signals 𝑢 = 10 and 𝑢 = −10, the transfer function parameters [𝑘௢ା,𝑇ା,𝑘௢ି ,𝑇ି]were determined (Figs. 5 and 
6). 

For off-line identification, the classical output error method was applied using the optimization 
function lsqnonlin. By minimizing the integral squared error (ISE) for the analyzed hydraulic system, 
the following parameters were obtained: 𝑘௢ା = 0.007193; 𝑇ା = 0.08235; 𝑘௢ି = 0.0104; 𝑇ି = 0.0887. 
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Figure 5. Hydraulic system response and identified model for 𝑢 = 10. 

 

Figure 6. Hydraulic system response and identified model for 𝑢 = −10. 

A linear mathematical model with constant parameters describes the system dynamics fairly 
well at a constant velocity. However, real phenomena occurring during actuator movement are 
nonlinear due to factors such as dry and viscous friction. 

The following charts (Figs. 7-11) present the results obtained for the PD controller with a variable 
value of 𝑡௥ (online) and a model identified in realtime (online), as well as for the PD controller with 
fixed parameters.The fixed settings were determined based on off-line models and a time constant of 𝑡௥ = 3. Figure 7 illustrates the variations in the control voltage applied to the proportional valve 
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amplifier. This signal appropriately excites the system, enabling accurate parameter identification 
and analysis of the object's dynamics. 

 

Figure 7. System input signal. 

The system response and reference signal in Figure 8 allow us to assess how well the control 
system tracks the desired trajectory. 

During the control process, changes in the controller parameters, hydraulic fluid pressure, and 
regulation time dependent on the error were recorded. 

 

Figure 8. System response and reference signal. 
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Figure 9 presents the proportional gain value 𝑘௣ of the controller. The dynamic change in this 
value illustrates how the adaptive system modifies the settings to better adjust to the current 
operating conditions of the system. 

 

Figure 9. Proportional gain 𝑘௣. 

Figure 10 shows the variations in the integral time constant 𝑇௜. This parameter influences the 
elimination of the steady-state error; its adaptive adjustment helps in faster error correction, resulting 
from differences between the setpoint and the actual value. 

 

Figure 10. Integral time constants,𝑇௜ . 
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Figure 11 illustrates the variations in the derivative time constant, which is responsible for 
damping oscillations and improving response dynamics. The changing value demonstrates how the 
adaptive system reacts to sudden changes, reducing overshoot. 

 

Figure 11. Derivative time constants,𝑇ௗ. 

Figure 12 presents the regulation time, a parameter influencing controller setting calculations. 
According to the adopted assumptions, its value can vary between 3 and 5, with the maximum 
change occurring when the error is |𝑒|=0.1 [m]. The parameter range and its variation method were 
selected experimentally to ensure stable system operation and optimal control performance. 

 

Figure 12. Settling time,𝑘௥. 
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The direct excitation is the active force 𝐹(𝑡) acting on the piston (Eq.(14)); this is calculated 
based on the recorded pressures (Fig. 13). This chart illustrates the system's operation under variable 
conditions, making it suitable for adaptive control applications. 𝐹(𝑡) = 𝐴ଵ𝑝ଵ(𝑡) − 𝐴ଶ𝑝ଶ(𝑡) 

(14)

where 𝐴ଵ,𝐴ଶ are the piston surfaces(0.002828 [𝑚ଶ],0.001864[𝑚ଶ]); 𝑝ଵ(𝑡), 𝑝ଶ(𝑡) are pressures. 

 

Figure 13. Force,𝐹(𝑡). 

Table 2 summarizes the control results for different configurations, comparing control using 
PID, PD, and P controllers with both on- and off-line models. The presented MAE (mean absolute 
error) values indicate that the adaptive approach based on on-line identification generally yields 
slightly better results (lower MAE), confirming the effectiveness of dynamic tuning. Applyingthe 
developed control method improves trajectory tracking and control quality. The tracking error values 
significantly improve when an on-line identified model is used. The best results were achieved with 
the PD controller featuring variable regulation time and an on-line identified model. 

Table 2. Control results. 

Controller 𝑡௥[s] Model MAE [m] Tracking error 
improvement[%] 

PID 

on-line on-line 0.0239288 18.8 
on-line off-line 0.0271719 7.8 

3 off-line 0.0294802 0.0 
3 on-line 0.0224433 23.8 

PD 

on-line on-line 0.0221932 24.4 
on-line off-line 0.0270030 8.0 

3 off-line 0.0293603 0.0 
3 on-line 0.0255266 13.0 

P 
on-line on-line 0.0238280 19.0 
on-line off-line 0.0269969 8.3 

3 off-line 0.0294408 0.0 
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3 on-line 0.0223862 23.9 

For the PID controller, the on-line configurations demonstrate a significantly greater 
improvement in response time compared to the off-line settings, achieving reductions of up to 
approximately 17.3%. The PD controller also shows enhanced performance in the on-line 
configurations, with response time improvements reaching 18.1%, although the differences are 
slightly smaller than those observed for the PID controller. In the case of the P controller, the 
differences between on- and off-line configurations are less pronounced, with a maximum 
improvement of about 15.0%. These results indicate a consistent and substantial enhancement in the 
control system’s dynamic performance, particularly for the PID and PD controllers operating in on-
line configurations (Tab. 3). 

Table 3. Table of control system performance metrics. 

Controller 𝑡௥[s] Model Overshoot [%] 
Response time 95% 

[s] 
Improvement in 
response time[%] 

PID 

on-line on-line 0.93  1.29 17.31 
on-line off-line -1.70 1.53 1.92 

3 off-line -1.91 1.56 0.00 
3 on-line  0.83 1.30 16.67 

PD 

on-line on-line 0.58 1.31 18.13 
on-line off-line -2.07 1.54 3.75 

3 off-line -2.39 1.60 0.00 
3 on-line  0.48 1.32 17.50 

P 

on-line on-line 0.71 1.30 15.03 
on-line off-line -1.39 1.49 2.61 

3 off-line -1.56 1.53 0.00 
3 on-line  0.53 1.32 13.73 

Statistical significance testing (t-test) confirmed that each of the evaluated configurations (on-
line/on-line, on-line/off-line, 3/on-line) yielded a statistically significantly lower mean absolute error 
compared to the baseline configuration (3/off-line). The observed p-values (p < 0.001), along with 
strictly positive 95% confidence intervals for the MAE differences (approximately 1.6 mm to 7.8 mm), 
support both the statistical significance and the practical relevance of the observed improvements 
(Tab. 4). 

Table 4. Analysis of the statistical significance of control results. 

Controller 𝑡௥[s] Model ΔMAE [m] p 95% CI 

PID 
on-line on-line 0.00555 0.000000113 [0.00482, 0.00628] 

on-line off-line 0.00231 0.000083929 [0.00158, 0.00304] 
3 on-line 0.00704 0.000000018 [0.00631, 0.00777] 

PD 
on-line on-line 0.00717 0.000000015 [0.00644, 0.00790] 
on-line off-line 0.00236 0.000072339 [0.00163, 0.00309] 

3 on-line 0.00383 0.000001983 [0.00310, 0.00456] 

P 
on-line on-line 0.00561 0.000000104 [0.00488, 0.00634] 
on-line off-line 0.00244 0.000055952 [0.00171, 0.00317] 

3 on-line 0.00705 0.000000017 [0.00633, 0.00778] 

Interpreting the mean absolute error differences (ΔMAE) reveals the following: 
• A ΔMAE of 0.007 metres corresponds to an error of approximately 7 mm in positioning. 

Depending on the specific system, such an improvement could represent a significant enhancement 
in precision and overall system performance. 
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• All observed ΔMAE values fall within the range of approximately 0.002 to 0.007 metres. 
For systems requiring precision at the millimetre scale, these differences are of considerable practical 
significance, underscoring the effectiveness of the improvements in real-world applications. 

In the weighted recursive least squares method, the forgetting factor 𝜆 plays a crucial role in 
estimating model parameters. Its value determines how quickly the algorithm "forgets" past 
observations, enabling better change tracking in dynamic systems. Various forgetting factor values𝜆 
and their impact on control performance were analyzed (Tab. 5 and 9). 

Selection of 𝜆 value: 
• 𝜆  = 1 corresponds to the classical recursive least squares method without forgetting, 

where all data points have equal weight. 
• 𝜆< 1 introduces a forgetting mechanism in which newer observations have a greater 

influence on parameter estimation than older ones. The smaller the value of 𝜆 , the faster the 
forgetting and the greater the adaptability of the algorithm. 

Table 5. Control results(𝑁 = 500). 

Controller 𝜆 MAE [m] 

PD 

0.86 0.022864 
0.88 0.022209 
0.89 0.022193 
0.90 0.022643 
0.91 0.022661 
0.95 0.022718 
0.97 0.022747 
0.99 0.022897 

Table 6 analyzes the different numbers of points 𝑁 and their impact on regulation quality. 

Table 6. Control results(𝜆 = 0.89). 

Controller 𝑁 MAE [m] 

PD 

400 0.022261 
500 0.021993 
600 0.022292 
700 0.022289 

In Table 7, an analysis of the parameters depending on 𝜆is presented, including the standard 
deviation and 95% confidence intervals. 

• Higher values of 𝜆 lead to higher values of 𝑘௢ା and 𝑘௢ି , while reducing the confidence 
interval, resulting in a more stable estimation. 

• The parameter 𝑇ା remains independent of 𝜆, indicating its resistance to the influence of 
the forgetting factor. 

• Smaller confidence intervals for higher 𝜆 indicate greater confidence in the results. 
The most stable values are obtained for 𝜆≈0.95−0.99. The range of 𝜆 ≈0.97−0.99 provides the 

highest precision and result stability, while a faster response to changes in the system can be achieved 
for 𝜆 ≈0.89−0.91. 

Table 7. Statistical analysis of parameter estimation for different lambda values. 𝜆 Mean 𝑘௢ା CI 𝑘௢ା Mean 𝑇ା CI 𝑇ା Mean 𝑘௢ି  CI 𝑘௢ି  Mean 𝑇ି CI 𝑇ି 
0.86 0.024175 0.00037275 0.0024958 0.00021615 0.024314 0.00044089 0.016295 0.00048755 
0.89 0.025087 0.00037400 0.0024956 0.00021615 0.024851 0.00043781 0.018499 0.00047666 
0.90 0.024847 0.00036901 0.0024957 0.00021615 0.024600 0.00043925 0.015224 0.00049345 
0.91 0.025134 0.00036966 0.0024955 0.00021615 0.024603 0.00043923 0.015287 0.00049309 
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0.95 0.026211 0.00036135 0.0024954 0.00021615 0.024832 0.00043792 0.015403 0.00049242 
0.97 0.027001 0.00035555 0.0024954 0.00021615 0.024986 0.00043702 0.015614 0.00049121 
0.99 0.027891 0.00034587 0.0024953 0.00021615 0.025176 0.00043593 0.016767 0.00048474 
σ 0.001321  0.0000001  0.000284  0.001180  

Simulation model studies were also conducted based on transfer functions identified off-line. 
The results of these studies confirmed that the optimal value of the forgetting factor 𝜆 is 0.89, and 
the best choice is 𝑁 = 500 points. For these parameters, the smallest MAE index was obtained, 
indicating their effectiveness in improving control accuracy (Tab.8-10). 

Table 8. Control simulation results. 

Controller 𝑡௥[s] Model MAE [m] Tracking error 
improvement[%] 

PID 

on-line on-line 0.00724004 28.5 
on-line off-line 0.00860414 15.1 

3 off-line 0.01013450 0.0 
3 on-line 0.00811677 19.9 

PD 

on-line on-line 0.00723945 28.5 
on-line off-line 0.00860297 15.1 

3 off-line 0.01013370 0.0 
3 on-line 0.00811597 19.9 

P 

on-line on-line 0.00750426 10.0 
on-line off-line 0.00746252 10.5 

3 off-line 0.00833968 0.0 
3 on-line 0.00776261 6.9 

Table 9. Simulation results of control(𝑁 = 500). 

Controller 𝜆 MAE [m] 

PD 

0.86 0.00744240 
0.88 0.00747660 
0.89 0.00723945 
0.90 0.00727522 
0.91 0.00731916 
0.95 0.00777959 
0.97 0.00810926 
0.99 0.00831892 

Table 10. Simulation results of control (𝜆 = 0.89). 

Controller 𝑁 MAE [m] 

PD 

100 0.00804101 
200 0.00785074 
300 0.00777552 
400 0.00797071 
500 0.00752388 
600 0.00765852 
800 0.00781735 
1000 0.00833439 

The analysis conducted revealed significant differences between the control methods. The 
results of statistical tests confirm that the application of the WRLS method leads to a significant 
improvement in control accuracy. The obtained results indicate the potential application of the WRLS 
method in real hydraulic systems, particularly where adaptive control is required for changing 
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operating conditions. The implementation of this method can improve the stability and precision of 
control in industrial applications, such as hydraulic actuator control in construction machinery and 
industrial robots. 

The experimental results show that the mathematical model obtained using the off-line method 
accurately represents the system dynamics under steady conditions. However, under varying 
conditions (and in the presence of nonlinearities) discrepancies may occur. The dynamic adaptation 
of controller parameters (changes in gain, integration, and differentiation constants) enables better 
control adjustment to current conditions, positively impacting the setpoint tracking quality. The MAE 
analysis in the table confirms that configurations based on the on-line model result in lower control 
errors, which is crucial for achieving precise control tasks in hydraulic systems. 

6. Conclusions 

The experimental results conducted on the hydraulic system confirm that the application of 
adaptive PID control with automatic parameter adjustment improves control quality. The use of the 
WRLS algorithm reduced the mean tracking error by 24.4%, while optimizing the forgetting factor 𝜆 
within the 0.86−0.99 range ensured system stability. A statistical analysis of the estimated model 
parameters showed a standard deviation below 0.001321, confirming the reliability of the 
identification process. 

Furthermore, this study aligns with the findings presented in [29], the authors of which analyzed 
the effectiveness of differentiating filters in mitigating quantization noise in 16-bit converters. In this 
work, similar 16-bit converters were used, and the applied filters effectively reduced high-frequency 
disturbances, minimizing the impact of measurement noise on the control process.The use of low-
pass and differentiating filters contributed to achieving high-quality control. In the discussed 
hydraulic system, a key role was played by the identification procedure based on the WRLS 
algorithm, which allowed for the accurate estimation of mathematical model parameters, enabling 
the optimal tuning of the controller settings. 

Thanks to the real-time automatic adjustment of controller gains, the system effectively 
compensated for nonlinearities arising from phenomena such as friction or variable properties of the 
working fluid, resulting in stable operation and improved tracking performance. Unlike classical PID 
controllers with fixed settings, the adaptive control system responds in realtime to changing 
operating conditions, ultimately reducing control error and increasing disturbance resistance [34-38]. 

A crucial aspect of the applied method is the use of differentiating filters, which enabled the 
precise determination of signal derivatives despite a high level of measurement noise. The filter 
design process minimized estimation errors, directly influencing the accuracy of parameter 
identification and the effectiveness of the WRLS algorithm. 

The advanced adaptive system, based on automatic gain adjustment, exhibits significantly better 
control properties than traditional PID controllers. The adaptation procedure effectively handles 
system nonlinearities and dynamic changes in operating conditions, improving the precision of 
setpoint tracking. The proposed approach is versatile and has been successfully tested both in 
simulations and on a physical test bench with a step reference signal. 

The presented results highlight the great potential of applying adaptive control methods in 
hydraulic systems, where dynamic parameter identification and automatic controller tuning can 
significantly enhance system precision and stability. 

The main novelty of this study lies in the development and experimental validation of an 
adaptive control method for a hydraulic actuator using a forgetting-factor least squares estimator and 
differentiating filters. 

Unlike conventional approaches that rely on fixed PID gains or a single model-based 
characteristic, the proposed method employs two linear models to capture the asymmetric behaviour 
of the actuator (resulting from the difference in piston areas on both sides) and an adaptive 
mechanism for tuning the controller gains based on the absolute value of the tracking error. The main 
contributions of the work include the following: 
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• The use of differentiating filters to improve parameter estimation quality under noisy 
conditions; 

• The design of an adaptive PID control structure with gain selection based on the current 
model and error magnitude; 

• The experimental verification of the proposed approach on a real test rig under varying 
load conditions. 
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